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ON THE FOURIER COEFFICIENTS OF HILBERT

MODULAR FORMS OF HALF-INTEGRAL WEIGHT OVER

ARBITRARY ALGEBRAIC NUMBER FIELDS

By

Hisashi Kojima

Abstract. In Theorem 2.5 in previous paper [4], we determined the

Fourier coe‰cients of the image of Shimura correspondence of

modular forms f of half integral weight over arbitrary algebraic

number fields in terms of those of f . It seems that there is a gap

in the proof. We give a correct proof of Theorem 2.5 in [4].

Moreover, we deduce useful formulas between the product of Fourier

coe‰cients of f and the central value of quadratic twisted L-series

associated with the image of Shimura correspondence of f .

Introduction

Shimura [7] proved that the square of Fourier coe‰cients of a holomor-

phic Hilbert modular form of half-integral weight over a totally real number

field gives essentially the critical value of the zeta function of the corresponding

form of integral weight, which generalizes a previous result of Waldspurger [9]

in the elliptic modular case. In [3] and [4], we extended Shimura [6] and [7] in

the case of Hilbert modular forms of half-integral weight over arbitrary alge-

braic number fields. It seems that there is a gap in the proof of Theorem 2.5

in [4].

The purpose of this note is to deduce another useful formula between the

product of Fourier coe‰cients of a modular form f of half-integral weight over

an arbitrary algebraic number field and the central value of quadratic twisted

L-series associated with the image of Shimura correspondence of f . In the last

section, we shall give a correct proof of Theorem 2.5 in [4].
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§ 1. Fourier Coe‰cients of Modular Forms of Half-Integral Weight

Our notation follows closely that of [2], [4], [5] and [7]. Let e A GA (resp.

C 00) be the element (resp. set) given in [4, pp. 29–30]. Take a A G VUe�1,

for U a su‰ciently small open subgroup of C 00. Let f be an element of

Smþð1=2Þur1 ;oðb; b
0;cÞ, where Smþð1=2Þur1 ;oðb; b

0;cÞ is the space given in [4, p. 31]

and [5, (2)]. Then define the inversion f � of f by

f � ¼ cðdÞ f kmþð1=2Þur1
a:ð1:1Þ

Here d and f kmþð1=2Þur1
a are given in [4, p. 30] and [4, (1.16)]. We see that f �

belongs to Smþð1=2Þur1 ;oðb
0; b;cÞ (cf. [2, (4.19)]). Take a f A Smþð1=2Þur1 ;oðb; b

0;cÞ.
Let t be an element of F� such that tg 0, tb ¼ q2r with a fractional ideal q

and a square free integral ideal r. From [4, Lemma 1.2], we find an element

h A Smþð1=2Þur1 ;oðo; rbb
0; jÞ such that

mhðx;mÞ ¼ mf ðtx; ðqrÞ
�1
mÞð1:2Þ

for every x A F� and fractional ideal m in F , where j ¼ cet with the Hecke

character et associated with the quadratic extension F ð
ffiffiffi
t

p
Þ=F . Let D be the set

given in [4, (1.9)]. Define a function gt;lðwÞ ¼ Ct;lð f ÞðwÞ on D by

Cgt;lðwÞ ¼
ð
GrcnD

hðzÞYðz;w; hlÞ=ðzÞ
mþð1=2Þur1w3 dzð1:3Þ

for every w A D, where C ¼ ifmg21þr1�r2þfmgð1=
ffiffiffiffiffiffi
2p

p
Þr2jað1=2ÞNðrcÞ, Grc and

Yðz;w; hlÞ are given in [4, p. 39]. We deduced the following theorem [4,

(2.33)].

Theorem 0.1. Let f be an element of Smþð1=2Þur1 ;oðb; b
0;cÞ. Then

Ct;lð f ÞðwÞ ¼ Nðtl=rÞ
X
m

X
l A tlr�1m

NðmÞl m�1jlj�1jaðlÞj�ðlr=tlmÞð1:4Þ

� mf ðt; ðrqÞ
�1
mÞesðl<ðzÞÞecðluÞ

Yr1
i¼1

cðsgnðl ðiÞÞÞ

� expð�2pl=ðzÞÞvK2nð4pjljvÞ;

where m runs over all integral ideals, l runs over tlr
�1m under the condition

ðlt�1
l m�1r; rcÞ ¼ 1, w ¼ ðz1; . . . ; zr1 ; zr1þ1; . . . ; zr1þr2

Þ, z ¼ ðz1; . . . ; zr1Þ, zr1þi ¼
ur1þi þ jvr1þi (1a ia r2), u ¼ ður1þ1; . . . ; ur1þr2Þ, v ¼ ðvr1þ1; . . . ; vr1þr2Þ, l m�1 ¼Qr1

i¼1ðl ðiÞÞ
mi�1

and jlj ¼
Qr2

i¼1 jl ðr1þiÞj.
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We shall give a correct proof of Theorem 0.1, that is, Theorem 2.5 in [4] in

Section 2.

We showed the following in [4, pp. 47–48].

Theorem 0.2. Let f be an element of Smþð1=2Þur1 ;oðb; b
0;cÞ. Suppose that f is

a common eigenform of Tv for each v A h, i.e.,

f jTv ¼ wðvÞN�1
v f for each v A h:ð1:5Þ

Then there exists the normalized eigenform g belonging to S2m; ~ooð2�1c;c2Þ
attached to w such that

mf ðt; q�1Þg ¼ ðgt;1; . . . ; gt;kÞ;ð1:6Þ

where ~oo ¼ ð0; . . . ; 0; 4or1þ1 þ 3; . . . ; 4or1þr2 þ 3Þ with o ¼ ð0; . . . ; 0;or1þ1; . . . ;

or1þr2Þ.

Let g be the above element of S2m; ~ooð2�1c;c2Þ in Theorem 0.2. Take the

matrix p ¼
�

0 �1
d2s 0

�
with s A F�

f such that so ¼ 2�1c. Define

ðJ2�1cgÞðpÞ ¼ c2ðdet pÞ�1gðppÞ for every p A ~GGAð1:7Þ

Then J2�1cg belongs to S2m; ~ooð2�1c;c�2Þ. We put g� ¼ J2�1cðgÞ ¼ ðg 0
lÞ.

Here we assume the following condition.

(1.8) (i) caðxÞ ¼ ðsgn xsÞmjxsj iljxcj2im ðx A F�
a Þ; where ðsgnðxsÞÞm ¼Q r1

i¼1 sgnðxiÞ
mi ; jxsj il ¼

Q r1
i¼1 jxij

ffiffiffiffiffi
�1

p
li ðxs ¼ ðx1; . . . ; xr1Þ A F�

s Þ;
jxcj2im ¼

Qr2
i¼1 jxr1þij2

ffiffiffiffiffi
�1

p
mr1þi ðxc ¼ ðxr1þ1; . . . ; xr1þr2Þ A FcÞ; ðl1; . . . ; lr1 ;

mr1þ1; . . . ; mr1þr2
Þ A Rr1þr2 and

Pr1
i¼1 li þ

Pr2
i¼1 mr1þi ¼ 0:

(ii) r divide h; where h is the conductor of j:

(iii) If v is a common prime of 2 and r, then jv satisfies either

(a) ðrcÞv ¼ hv ¼ 4rv and jvð1þ 4xÞ ¼ jvð1þ 4x2Þ for every x A ov; or

(b) ðrcÞv 0 hv H 4rv:

(iv) If f 0 A Smþð1=2Þur1 ;oðb; b
0;cÞ and f 0jTv ¼ N�1

v wðvÞ f 0 for every

vF h�1rc; then f 0 is a constant times f :

We shall deduce the following theorem.

Theorem 1. Let f A Smþð1=2Þur1 ;oðb; b
0;cÞ be an eigenform of all Hecke

operators Tv satisfying f jTv ¼ N�1
v wðvÞ f . Suppose that f , r, h, c, c and j satisfy

the condition (1.8), and g and g� are the elements in Theorem 0.2. Then
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mðt; q�1; f ;cÞmðt; q�1b; f �;cÞhg; gi=h f ; f ið1:9Þ

¼ Q
X

oItIi

mðtÞj�ðtÞNðtÞ�1
Dð0; g�; j; t�1h�1rcÞ;

where Dð0; g�; j; t�1h�1rcÞ is given in [4, p. 37], Q ¼ 2ðr1=2Þ�fmgþ3r2�1p�fmg �
jtcj2tms caðtÞ

�1
NðhÞ�1

rðjÞhF ½o�þ : ðo�Þ2�G 0ðmÞG 0ðnþ 1=2ÞG 0ð�nþ 1=2Þ, jtcj2 ¼Qr2
i¼1 jtðr1þiÞj2, tms ¼

Qr1
i¼1ðtðiÞÞ

mi , i ¼
Q

p p ðpjrc; pF hÞ and G 0ðmÞG 0ðnþ 1=2Þ
� G 0ð�nþ 1=2Þ is given in [4].

Let h be an element in [4, p. 38]. Put ~hhðzÞ ¼ hYðz; p; hÞ; gðpÞi, where

Yðz; p; hÞ is the function given in [4, (2.4)] and g is the function given in Theorem

0.2. By [7, Proposition 5.8] and [2, Theorem 5.2 and the arguments in p. 440], we

have

~hhðzÞ ¼ AhðzÞð1:10Þ

with a constant A under the assumption (1.8), where hðzÞ is the function given in

(1.2). Since hh; hi ¼ t
mþð1=2Þur1
s jtcj3NðqrÞ�1h f ; f i and

Cmf ðt; q�1ÞgðpÞ ¼
ð
F

Yðz; p; hÞhðzÞymþð1=2Þur1w3 dz;ð1:11Þ

we obtain

A ¼ i�fmg21þr1�r2þfmgð1=
ffiffiffiffiffiffi
2p

p
Þr2jað1=2Þt

�ðmþð1=2Þur1 Þ
s jtcj�3ð1:12Þ

�
Nðqr2cÞhg; gimf ðt; q�1Þ

volðG½2d�1; 2�1rcd�nDÞh f ; f i

with F, h, C as in [4, p. 39]. As shown at [7, p. 540], AhðzÞ ¼ hYðz; p; hÞ; gðpÞi
implies that

Ah�ðzÞ ¼ hYðz; p; sÞ; g�ðpÞi ¼
X
l

hYðz;w; slÞ; g 0
lðwÞi;ð1:13Þ

where sl (resp. Yðz; p; sÞ) is the symbol given in [7, (6.2)] (resp. [4, (2.4)]).

Given a function f on D and a ¼
� � �
ca da

�
in G, we put

f kmaðzÞ ¼ ðcazþ daÞ�m
f ðaðzÞÞ;ð1:14Þ

where z ¼ ðz1; . . . ; zr1 ; zr1þ1; . . . ; zr1þr2
Þ, z ¼ ðz1; . . . ; zr1Þ and zr1þi ¼ zr1þi þ jwr1þi.

Let G ¼ G½x; h� (cf. [4, p. 29]). We put
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Eðz; s;GÞ ¼
X
a AR

jaðdaÞj�ðdaA�1
a ÞNðAaÞ2sysur1þðil�mÞ=2w2sur2þimkmað1:15Þ

Cðz; s;GÞ ¼ Lxhð2s; jÞEðz; s;GÞ

Here R is a set of representatives for PnðGVPAD½x; h�Þ, for a A R, we define

Aa by writing a ¼ pw with p A PA and w A Dðx; hÞ, and setting Aa ¼ dpo. We

put

Lxhðs; jÞ ¼
X

mþxh¼o

j�ðmÞNðmÞ�s:ð1:16Þ

We obtain the following proposition.

Proposition 2. Let G ¼ G½2�1h�1rc; 2h� and let QðzÞ be the function in [4,

(4.1)]. Then

ð
GnD

h�ðzÞQðzÞEðz; sþ 1=2;GÞymþð1=2Þur1w2 dzð1:17Þ

¼ D
�1=2
F 21�r1 jtcjtð1=2Þur1caðtÞð2pÞ

�2sur2�ur2þim2�2sur2þim�ð1=2Þur2

�
ffiffiffi
p

p r2ð2pÞ�sur1þð1=2Þil�ð1=2ÞfmgG 0ðsþ ðm� ilÞ=2Þ

� G 0ð2sur2 � imþ ð1=2Þur2 � nÞG 0ð2sur2 � imþ ð1=2Þur2 þ nÞ

� G 0ð2sur2 � imþ ur2Þ
�1

X
m

mf � ðt; q�1bmÞNðmÞ�2s:

By (1.13) and Proposition 2, we see that A times the integral in (1.17) is equal

to

X
l

ð
GnD

QðzÞYðz;w; slÞEðz; sþ 1=2;GÞymþð1=2Þur1w2 dz; g 0
lðwÞ

* +
:ð1:18Þ

By the same method as that of [7, pp. 543–544], we have the following equation

(cf. [4, (4.19)]).

ANðqrÞ�12�r1=2�2sr1�fmg2�4sur2�ð3=2Þur2 jtcjt
ð1=2Þur1
s caðtÞpr1=2p r2=2ð1:19Þ

� G 0ð2sur2 � imþ ð1=2Þur2 � nÞG 0ð2sur2 � imþ ð1=2Þur2 þ nÞ

� G 0ð2sur2 � imþ ur2Þ
�1G 0ðsþ ðm� ilÞ=2ÞG 0ðsþ ð1þm� liÞ=2Þ�1
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� G 0ð2sur2 � imþ ur2Þ
�12 il22im

X
m

mf � ðt; q�1bmÞNðmÞ�2s

¼
X
l

X
b AB

j�ðAbÞNðAbÞ2sþ1
Sblðw; sÞ; g 0

lðwÞ
* +

;

where B is determined by GVPAD½2�1h�1rc; 2h� ¼
‘

b AB PbG. The ideals Ab

are as in (1.15), and run through a set of representatives for the ideal class group

of F . Here

Sblðw; sÞ ¼
X
x;b

slðgxÞmbðbÞ½x;w�
�mj½x;w�=hðwÞj�2sur1�ur1þm�ilð1:20Þ

� xþ b
1 0

0 1

� �
;w

� ��
hðwÞ

				
				
�2ð2sur2þur2þimÞ

;

where ½�; �� and hð�Þ are symbols given in [4, (2.3)] and the sum is over the pairs

ðx; bÞ A V �Ab=o
� such that x0 0 and det x ¼ �b2 with V ¼ fx A M2ðF Þ j

tr x ¼ 0g. Furthermore, we have chosen g A F�
f such that go ¼ Ab and gv ¼ 1 for

vjrc. By [7, 7.14a, 7.14b], we have the following.

Proposition 3. Let q range through a set of representatives for 2�1tlrch=tlrch

and let Gl ¼ G½2t�1
l h�1; tlrch�. Then there exist functions Tblðw; sÞ such that

Sblðw; sÞ ¼ ð�1Þfmg2r1
X
q

Tblðw; sÞk2m
1 0

q 1

� �
ð1:21Þ

X
b AB

j�ðAbÞNðAbÞ2sTblðw; s� 1=2Þ ¼ Nð2�1tlrchÞ2sCðw; s;GlÞEðw; s;GlÞ

By Proposition 3, we find that the expression of (1.19) is equal to the value at

s ¼ t of

ð�1Þfmg22d
X
l

hNð2�1tlrchÞsþtþ1
Cðz; sþ 1=2;GlÞEðz; tþ 1=2;GlÞ; g 0

lðzÞi:ð1:22Þ

The equality (1.22) becomes

ð�1Þfmg2d volðG½2h�1; 2�1rch�nDÞ�1
X
l

Nð2�1tlrchÞsþtþ1ð1:23Þ

�
ð
GlnD

Cðz; sþ 1=2;GlÞEðz; tþ 1=2;GlÞg 0
lðzÞy2m dz
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The integral appeared in (1.23) is equal to

ð
G lnD

Cðz; sþ 1=2;GlÞEðz; tþ 1=2;GlÞg 0
lðzÞy2m dzð1:24Þ

¼
X
a AA

jaðdaÞj�ðdaA�1
a ÞNðAaÞ2tþ1

�
ð
C a

l

ga
l ðzÞC a

l ðzÞy
tuþðuþ3m�ilÞ=2w2ðtþ1=2Þur2�im dz;

where Ca
l ¼ PV aGla�1nD, ga

l ¼ g 0
lk2ma�1 and C a

l ðzÞ ¼ Cðz; sþ 1=2;GlÞkma�1.

By [7, Lemma 3.8], we have

ga
l ðzÞ ¼ jaðdaÞ

2j�ðdaA�1
a Þ2

X
00x A tlA

2
a ;xg0

cðxt�1
l A�2

a ; sgnðxÞ; g�Þjxjm�iljxj1�2imð1:25Þ

� esðx<ðzÞÞecðxuÞ expð�2px=ðzÞÞwK2nð4pjxjwÞ

and

jaðdaÞj�ðdaA�1
a ÞNðAaÞ�2s�1

y�su�ðu�m�ilÞ=2w�2ðsþ1=2Þur2þimC a
l ðzÞ

¼ Lrcð2sþ 1; jÞ þ 2r2D
�1=2
F gðjÞNðhÞ�1

X
oItI2h�1rc

mðtÞj�ðtÞNðtÞ�2s�1

�
X
y

NðyÞ2s
X
h;b

jaðbÞNðbÞ�2sjaðhÞj�ðhhdyÞesð�bh<ðzÞÞ

� xðy;w; bh; suþ ðuþmþ ilÞ=2; suþ ðu�mþ ilÞ=2; 2ðsþ 1=2Þ þ imÞ;

where cðm; s; g�Þ is given in [4, (1.36) and (1.37)] and [2, p. 409] for a fractional

ideal m and a signature s A fG1gr1 , and xðy;w; bh; suþ ðuþmþ ilÞ=2;
suþ ðu�mþ ilÞ=2; 2ðsþ 1=2Þ þ imÞ is given in [4, (3.21)].

We note the formula (cf. [1, p. 334]),

ðy
0

ylKs 0 ðyÞKs 00 ðyÞ dy ¼ 2 l�2 G
�
lþs 0þs 00þ1

2 ÞG
�
l�s 0þs 00þ1

2

�
G
�
lþs 0�s 00þ1

2

�
G
�
l�s 0�s 00þ1

2

�
Gðl þ 1Þð1:26Þ

ð<ðl þ 1Þ > j<ðs 0Þj þ j<ðs 00ÞjÞ

By the same method as that of [4, p. 59], we see that the integral (1.24) is equal

to
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gðjÞ2r2Nð2tlh�1d�1Þ
X
a

NðAaÞ2sþ2t
X
t;y

mðtÞj�ðtÞNðtÞ�2s�1
NðyÞ2sð1:27Þ

�
X

a AF�nðo�Þ2;ag0

X
bh¼a

cðat�1
l A�2

a ; sgn a; g�ÞNðaÞsu�tu
NðbÞ�2su

� j�ðab�1hdyÞð2pÞr222tur2�im�2ur2
ð4pÞ�ur2þð2s�2tÞur2

22su2�im

� G 0ð2ur2sþ imþ ur2Þ
�1G 0ððt� sÞur2 þ nþ ð1=2Þur2Þ

� G 0ððt� sÞur2 � nþ ð1=2Þur2ÞG 0ð2tur2 � imþ ur2Þ
�1

� G 0ððtþ sÞur2 þ nþ ð1=2Þur2 � imÞ

� G 0ððtþ sÞur2 � im� nþ ð1=2Þur2ÞMðs; tÞ;

where

Mðs; tÞ ¼
ð
yg0

expð�2pyÞxðy; 1; sur1 þ ður1 þmþ ilÞ=2; sur1 þ ður1 �mþ ilÞ=2Þ

� ysur1þtur1þm�il�ur1 dy ðcf : ½4; p: 59�Þ:

Here xðy; 1; a; bÞ is the function in [7, p. 530]. Therefore we find that the equality

(1.23) is equal to

ð�1Þfmg2d volðG½2d�1; 2rcd�nDÞ�1
hF2

r2rðjÞ½o�þ : ðo�Þ2�ð1:28Þ

�Nðh�1rcÞNð2oÞ�s�t
NðdhÞ t�s

X
oItI2h�1rc

mðtÞj�ðtÞNðtÞ t�s�1

�
X
m;n

cðt�1h�1rcmn; u; g�ÞNðnÞ�s�tj�ðmÞNðmÞs�t
Mðs; tÞð2pÞr2

� 22tur2�im�2ur2
ð4pÞ�ur2þð2s�2tÞur2

22sur2�im
G 0ð2sur2 � imþ ur2Þ

�1

� G 0ððt� sÞur2 þ nþ ð1=2Þur2ÞG 0ððt� sÞur2 � nþ ð1=2Þur2Þ

� G 0ð2tur2 � imþ ur2Þ
�1G 0ððtþ sÞur2 þ nþ ð1=2Þur2 � imÞ

� G 0ððtþ sÞur2 � nþ ð1=2Þur2 � imÞ;

where u ¼ ð1; . . . ; 1Þ. Put Ytðs; tÞ ¼
P

m;nHo cðt�1h�1rcmn; u; g�ÞNðnÞ�s�t �
j�ðmÞNðmÞs�t.
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We note that

lim
s!þy

Ytðs; sÞ ¼ Dð0; g�; j; t�1hrcÞ

and

Mðs; sÞ ¼ ifmg2�2r1s�fmgþilG 0ðmÞð2pÞr1�fmgð2pÞ�ð1=2Þur1

� 2�ð1=2Þur1þ2sur1þfmg�ilG 0ðsþ ðm� ilÞ=2ÞG 0ðsþ ð1þm� ilÞ=2Þ�1

(cf. [7, (4.18)]).

Therefore, by (1.12), (1.19) and (1.28), we have

i�fmg21þr1�r2þfmgð1=
ffiffiffiffiffiffi
2p

p
Þr2jað1=2Þt

�ðmþð1=2Þur1 Þ
s jtcj�3

NðqrÞ�1hg; gið1:29Þ

� mf ðt; q�1Þ volðG½2d�1; 2�1rcd�nDÞ�1h f ; f i�1Nðqr2cÞ

� 2�r1=2�fmg2�ð3=2Þur2 jtcjt
ð1=2Þur1
s caðtÞpr1=2p r2=22 il22im

�
X
m

mf � ðt; q�1bmÞNðmÞ�s

¼ ð�1Þfmg2d volðG½2d�1; 2�1rcd�nDÞ�1
hF2

r2gðjÞ½o�þ : ðo�Þ2�

�Nðh�1rcÞ
X

oItI2h�1rc

mðtÞj�ðtÞNðtÞ�1
Ytðs; sÞð2pÞr22�2ur2 ð4pÞ�ur2

� G 0ðnþ 1=2ÞG 0ð�nþ 1=2Þifmg2�fmgþilG 0ðmÞ

� ð2pÞr1�fmgð2pÞ�ð1=2Þur1 2�ð1=2Þur1þfmg�il:

Letting s tend to þy we deduce our Theorem 1.

§ 2. A Correct Proof of Theorem 0.1

We use the notation in [4] and [5]. The changes of [4] are as follows:

(1) [4, (2.15)] should read

ecð�xuÞ ¼
Yr2
i¼1

e½�2<ðxðr1þiÞur1þiÞ�; ecðx2z=2Þ ¼
Yr2
i¼1

e½<ððxðr1þiÞÞ2zr1þiÞ�:

(2) [4, (2.24)] should read

This proposition implies that

9On the Fourier coe‰cients of Hilbert modular forms



=ðyðb�1ðzÞÞÞ�n
Qm�nðb�1ðzÞ; tu; lðbgÞÞ jrcðtdðbgÞ=2Þ

� esð
ffiffiffiffiffiffiffi
�1

p
ð~rrtÞ2=ðbgðb�1ðzÞÞÞ�1=4Þ expð�pðjtjvÞ2wðbgðb�1ðzÞÞÞ�1Þ

� =ðb�1ðzÞÞmþð1=2Þur1 tnjðbg; b�1ðzÞÞnwðb�1ðzÞÞ2hðb�1ðzÞÞ

¼ ðy 0=jðg�1b�1; z 0Þ jðg�1b�1; z 0ÞÞ�n
tn ~JJm�nðg�1b�1; z 0Þ

� ~QQm�nðz 0; tuÞjrcðtdðbgÞ=2Þ jðg�1b�1; z 0Þ�n

� esð
ffiffiffiffiffiffiffi
�1

p
ð~rrtÞ2=ðz 0Þ�1=4Þ expð�pðjtjvÞ2wðz 0Þ�1Þhðg�1b�1ðz 0ÞÞ

� =ðg�1b�1ðz 0ÞÞmþð1=2Þur1wðg�1b�1ðz 0ÞÞ2;

(3) The line 11 in [4, p. 44]:

jrcðtdðbgÞ=2Þjrcðag�1Þ ¼ jrcðtdb=2Þ:

should read

jrcðtdðbgÞ=2Þjrcðag�1Þ ¼ jrcðtdb=2Þ:

(4) [4, (2.25)] should read

ðy 0Þ�njrcðtdb=2Þ~QQm�nðz 0; tuÞJmðb; b�1ðz 0ÞÞtnhðb�1ðz 0ÞÞ

� esð
ffiffiffiffiffiffiffi
�1

p
ð~rrtÞ2=ðz 0Þ�1=4Þðw 0Þ2 expð�pðjtjvÞ2wðz 0Þ�1Þ=ðz 0Þmþð1=2Þur1 :

(5) The element l in [4, (2.33)] runs over tlr
�1m under the condition that

ðlm�1r=tl; rcÞ ¼ 1.

We sketch a correct proof of Theorem 0.1. Let f be an element of

Smþð1=2Þur1 ;oðb; b
0;cÞ. Since f is holomorphic with respect to z1; . . . ; zr1 , the

function gt;lðwÞ in [4, (2.11)] is holomorphic with respect to z 01; . . . ; z
0
r1
, where

w ¼ ðz 01; . . . ; z 0r1 ; z
0
r1þ1; . . . ; z

0
r1þr2

Þ (cf. [2, p. 406], [4, (2.14)] and [5, (2)]). To

determine the Fourier coe‰cients of gt;lðwÞ, it is su‰cient to calculate gt;lðwÞ
for z 01 ¼ iy 0

1; . . . ; z
0
r1
¼ iy 0

r1
ðy 0

1 > 0; . . . ; y 0
r1
> 0Þ. We put h1 ¼ 0; . . . ; hr1 ¼ 0 in

[4, (2.15) and (2.16)]. By [6, pp. 772–777], [6, pp. 783–785], [8, pp. 1015–1024],

[8, Theorem 1.2] and [8, Proposition 1.3], we can prove the proposition 2.3 in [4]

in the case of ðh1; . . . ; hr1Þ ¼ ð0; . . . ; 0Þ. We note [5, (6), (7), (8) and (9)]. By the

same method as that of [4], we deduce
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Ct;lð f ÞðwÞ ¼ Nðtl=rÞ
X
m

X
l A tlr�1m

NðmÞl m�1jlj�1
jaðlÞj�ðlr=tlmÞmf ðt; ðrqÞ

�1
mÞ

� ecðluÞ
Yr1
i¼1

cðsgnðl ðiÞÞÞ expð�2pl=ðzÞÞvK2nð4pjljvÞ;

for w ¼ ðiy 0
1; . . . ; iy

0
r1
; z 0r1þ1; . . . ; z

0
r1þr2

Þ, where m runs over all integral ideals, l

runs over tlr
�1m under the condition ðlm�1r=tl; rcÞ ¼ 1, z 0r1þi ¼ u 0

r1þi þ jv 0r1þi, z ¼
ðiy 0

1; . . . ; iy
0
r1
Þ u ¼ ðu 0

r1þ1; . . . ; u
0
r1þr2

Þ, v ¼ ðv 0r1þ1; . . . ; v
0
r1þr2

Þ, l m�1 ¼
Qr1

i¼1ðl ðiÞÞ
mi�1

and jlj ¼
Qr2

i¼1 jl ðr1þiÞj. Therefore we deduce Theorem 0.1.
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