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(Communicated by Shokichi IYAN.(A, M. J. A., Feb. 12, 1981)

This article is a continuation of [2]. Here we present a sufficient
condition of the convergence of zeta functions introduced in the previ-
ous paper. We keep the notation and the assumptions in [2] except
(A.3).. Let H be the identity component (in the Zariski topology) of
the group

{g e G; z(g)= 1 for all Z e X,(G)}.
We consider the following four conditions:

(I) For any t=(t, ..., tn) e (C)n, H acts transitively on
V(t)={x e V--S P(x)=t (li=<n)}.

( S ) The group
H {g e H; p(g)x--x}

is connected semi-simple algebraic group for any x e V-S.
(W) For any x e V-So, the Tamagawa number of Hx does not

exceed some positive constant independent of x.
(H) For any x e V-S and for any inner Q-form A of H, the

canonical mapping
Hi(Q, A) > [I H(Qv, A)

is bi]ective where A is the universal covering group of A defined over
Q and the product is over all places of Q.

Theorem 4. If (G, p, V) satisfies the conditions (A.1), (I), (S),
(W), and (H), then (G, p*, V*) also satisfies the conditions (I), (S), (W)
and (H). Moreover the integrals Z(f L s)(f e (VR)) and Z*(f*, L*
s) (f* e (V)) are absolutely convergent when Re sl, ., Re s are
suciently large.

Theorem 5. Further assume that every Q-irreducible component
of S is absolutely irreducible. Then Z(f L; s)(resp. Z*(f*, L*; s))
is absolutely convergent for Resl, ..., Re sn Jn (resp. Res3*,
.., Re s/*).

Remarks. ( 1 ) The condition (S) implies the condition (A.2).
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( 2 ) If H has no simple component of type Es, the condition (S)
implies the condition (H). The so-called Weil conjecture asserts that
the Tamgawa number of any simply connected algebraic group de-
fined over Q is equal to 1. This conjecture is established for a fairly
wide class of semi-simple algebraic groups. These observations show
that the conditions (H) and (S) are not so restrictive. The other con-
ditions are rather easy to check.

( 3 ) If the group H is trivial for x e V-S, then we may consider
that (G, p, V) satisfies (S), (W) and (H).

We indicate the idea of the proof of our theorems. By the as-
sumptions, we can reduce the convergence of Z(f, L; s) to that of an
integral of the following type"

IP(x)lf(x)12-1dxl
(V--S)A i=l

where we use the standard ,.notation in adele geometry and f is a
Schwartz-Bruhat function on V. We are able to handle such an
integral by the technique developed in T. Ono [1]. Details will
appear elsewhere.
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