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S4.6 IS S4.9

J. JAY ZEMAN

The system S4.4 is S4 + CpCMLpLp. In [2], the system S4.9, which
may be formulated as S4.4 plus

(1) ACLMgMLqCMLpLp
and the system S4.6, which may be formulated as S4.4 plus
(2) GCLMpPpCLMqCMKpqLMEKpq

are discussed; S4.6 is shown to be contained in S4.9; the question of whether
the containment is proper is left open. It has been communicated to me that
K. Fine has solved this problem negatively; S4.6 is S4.9. The following is
based upon but a bit briefer than Fine’s proof:

(3) GLMCpqCLMCpNgCMKCpqCpPNqLMKCpqCpNq (2), P/Cpq, q/CbPNq

The formula KCpqCpNq is strictly equivalent to the simple Np; thus (3)
gives

(4) GLMCpqCLMCpNgqCMNpLMNp
(5) GKLMCpqLMCpNqCMLpLp 4), s1°

Even in S1° the formulas €qCpg and C€NgCpNgq are theses; by the semi-
substitutivity of strict implication (which holds in S2°), then, we may
replace Cpq and CpNgq in formula (5) by g and Nq respectively:

(6) GCKLMqLMNqCMLpLp

In S1° this last formula converts to (1); we have (2) giving (1), then, in the
field of S2°, and $4.9 is S4.6 and so also the system Z9 of [1].
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