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The C* embedding of a Riemann surface S will mean here the con-
struction of a C* surface S’ in 3-space which is conformally equivalent
to S, if angles on the surface S’ are measured in the natural way.*
The result to be obtained is:

THEOREM. Amny compact Riemann surface of genus one can be C=
embedded in 3-space.

As is well known, any Riemann surface of genus one is conformally
equivalent to a parallelogram in the plane with opposite sides identified.
The method used here utilizes surfaces which are approximately isometric
to the canonical surfaces determined by parallelograms. The parallelo-
gram for a given conformal class may be picked in a standard way.
We may take the vertices at the points 0, 27, w, ® + 27 in the complex
plane. Then the parallelogram is determined by a single complex number
w. For any surface S conformally equivalent to this parallelogram with
opposite sides identified, w will be called a modulus of S, and the paral-
lelogram a fundamental parallelogram of S. ® is not completely deter-
mined. A complete set of inequivalent canonical surfaces corresponds
to the values of @ = 0 + 4\ in the region

(1) —r <O 6+ N> A4
or
090

I\

T, 60* -+ N =4n?.

For each value of w in this region a surface is needed.

A torus has a pure imaginary modulus which is easily computed.
More generally, any surface with a plane of symmetry has pure im-
aginary modulus. Thus there are many ways in which one can construct
a family of surfaces whose moduli fill the line 6 = 0, x = 27x.

For finding surfaces with 6 = 0, we may note first that under a
reflection of space a surface with modulus 0 4+ i) is transformed into
one with modulus —6@ + 4\». This means that if surfaces whose moduli
represent all points of the region
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1 In our considerations compact surfaces of 3-space will be considered oriented by the
outward pointing normal.
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