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1. In this note we shall prove a theorem which is related to MonteΓs

theorem Cl] on bounded regular functions. Let E be a measurable set on the

positive jy-axis in the z( = x -f iy)-plane, E(a, b) be its part contained in

0 *= a <ύ y ?= b, and \E(ay b)\ be its measure. We define the lower density of

E at y = Q by

LEMMA, Let E be a set of positive lower density λ at y = 0. Then E con-

tains a subset EΊ of the same lower density at y = 0 such that Ei U {0} is a

closed set.

Proof. Let rn = l/n (n = 1, 2, . . . ). There exists a closed subset

Eι(rn+u rn) of E(rn+u rn)> such t h a t

IEiirn+i, rn) \^dn\E(rn+u τn) I (fl = 1, 2, . . ),

with «̂ = 1 - — We put

Then if rn < r ^ rn-u

so that

\E1(0,rn)\ , ^ \E{0, rn)\ rn ,
δn * —γ~ —δn,

whence

Hence
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