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Introduction

The beta function B(a, β) is defined by the following integral

B(a9 β) = Γ f-\l - tγ-ιdt,

where arg t = arg( l — t) = 0, 9ϊα, 9Ϊ/3 > 0, and the gamma function Γ(a) by

Γ(a) = Γ ΓY'dt,

where arg t = 0, 9ϊα > 0. By the use of the well known formulae

, Γ(a)Γ(l - a) - ^

we get the following formula:

B(a, β)B(- a,-β) = 2πt(~ + j) ( - ( e χ p ( 2 π i a ) _ 1 ) ( e x p i 2 π i β ) _

If we regard the interval (0,1) of integration as a twisted cycle defined by the

multi-valued function ta(l — tΫ\ the factor

(exp(27πα) -

is nothing but the twisted self-intersection number ([KYI]) of the cycle (0,1). It is

quite natural to think that the factor
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