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ON A NEW CLASS OF UNIVALENT FUNCTI0NS

KHALIDA INAYAT NOOR

ABSTRACT
A $wel\rceil$ -known linear operator is defi ned which acts on an analytic

function in the open unit disk by forming its convol ution with an
$i$ ncompl ete beta function. In thi $s$ paper, usi $ng$ thi $s$ operator, we
define a new class of analytic functi ons in the unit disk and prove
that thi $sc1$ ass consists enti rely of uni valent functi ons. An inclu-
sion result is gi ven. It is shown that it is $c1$ osed under convol ution
with convex function and some appli cations of this result are also
di scussed.

1. INTRODUCTION
Let A be the class of analytic functi ons $f$ on the open unit disk

$E=\{z : |z|<1\}$ , normali zed by $f(O)=O$ and $f^{\prime}(O)=1$ . The class A
is $c1$ osed under the Hadamard product or convol ution

$(f*g)$ (z) $=$ $\Sigma$ $a_{n}b_{n}z^{n+1}$ ,
$n=O$

where
$\infty$

$n+1$ $n+1$

$f(z)=nO\sum_{=}a_{n}z$
, $g(z)=nO\sum_{=}b_{n}z$

In particular, we consider convol ution with the functi on $\phi(a,c)$

defined by

$(a)_{n}$
$n+1$

$\phi(a,c;z)=nO\sum_{=}$ $\overline{\{c)_{n}}z$
. $z\in E$ , $c\neq O,$ $-1,$ $-2,$ $\ldots$ .

where

$(a)_{n}=$ $r(a+n)/r(a)$ ,

$i.e$ . $(a)_{o}=1$ . $(a)_{n}=$ a $(a+1)\ldots\ldots\ldots.(a+n-1)$ , $n>1$ . The functi on
$\phi(a,c)$ is an incompl ete beta functi on, rel ated to the Gauss $hy$per-
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