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A common misconception among mathematicians is to think of
intuitionistic mathematics as “mathematics without the law of the
excluded middle” (the law asserting that every statement is either
true or false). From this point of view, intuitionistic mathemat-
ics is a proper subset of ordinary mathematics, and doing your
mathematics intuitionistically is like doing it with your hands tied
behind your back.

Another more realistic viewpoint is to regard intuitionistic logic,
and the mathematics based on that logic, as the logic of sets with
some structure, rather than of bare sets. Traditional examples
are sets growing in time (as in Kripke semantics [9]), or set with
some recursive structure (as in Kleene’s realizability interpretation
[7]), or sets continuously varying over some fixed parameter space.
Universes of such sets are perfectly suitable for developing math-
ematics, but one is often forced to use intuitionistic logic.

This is a small price to pay for the many new phenomena that
can be observed in such universes: For example, in some such uni-
verses one has a “recursive axiom of choice,” which states that for
any sequence {A4,}, of nonempty subsets 4, C N there is a recur-
sive choice function f: N — N selecting an element f(n) from
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