RESEARCH PROBLEMS

1. Daihachiro Sato: Function theory.

A. Does there exist a transcendental entire (meromorphic) func-
tion which has (1) algebraic values at all algebraic points and has
(2) transcendental values at all transcendental points? (The proposer
constructed a transcendental entire function with condition (1) alone
in [4], using the method similar to that in [1]. The question of the
existence of a transcendental entire function with condition (2) alone
is open.)
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Find the coefficients Cj explicitly. Are there infinitely many £ with
Cy=0 as in the case of Stirling’s formula for I'(r)? (The Ci can be
calculated successively, but we want to have Cj as a function of %
as in the case of Stirling’s formula.) ¢(r) gives precise dividing line
for the growth M(r) of Hurwitz entire functions (i.e., entire func-
tions f(z) with f™(0)=integer, =0, 1, 2, - - - ) below which one
finds only polynomials [2; 3; 5].
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