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SWARTHMORE COLLEGE

ON THE (C, 1) SUMMABILITY OF CERTAIN
RANDOM SEQUENCES

HERBERT ROBBINS

It is known [1]! that if a sequence {a.} (n=1, 2, - - -) of real
numbers is summable (C, 1) to a value &, and if _a,?/n?< o, then al-
most all the subsequences of {a,,} are summable (C, 1) to a. It will
be shown that this statement continues to hold if “almost all” is re-
placed by “with probability 1” and “subsequences” by the more gen-
eral term “product sequences,” the meaning of which will be defined
in the next paragraph. The only analytic tool used is the strong law
of large numbers [2]: if {y.} is a sequence of independent random
variables with expected values E(y,) =0 and E(y,?) =b.%, for which
> bn2/n? < o, then with probability 1 the sequence {yn} is summable
(C, 1) to the value 0.

DEFINITION. Let {a.} be a sequence of constants and let {x,} be
a sequence of random variables such that the values of each x, are
non-negative integers. For every # let k(x) be the least positive integer
m such that
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