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the integrals taken so that the boundary C is traversed in the posi
tive sense. Series (15) converges uniformly for x in every closed 
region in J(\, and is therefore valid for all x in j(\ 

From this we obtain the following result. 

THEOREM 2.* The series 

(17) y(x) = 2 / n -
n=o n\ 

converges in a circle of radius exceeding 1/2, and in some neighbor
hood of x— — 1/2 the f unction y(x) is a solution of the equation 

(1) Ay(x) =F(x). 
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1. Introduction. In a recent paper J the author required an in
equality for the expression 

1 n 1 rT 2 
(1) lim — X) I s i n kd | ^ — I | sin 6 | dd = — ; 

«—>oo n &=,! 7T J o 7T 

which apparently is due to T. Gronwall.§ This inequality sug
gests immediately the question : For what functions ƒ(0), de
fined in the interval ( — 7r, 7T), are we permitted to write 

(2) F(8; ƒ) s lim — f ) f(kd) ^ ~ f ' f(0)dO? 

More generally, we may ask: For what functions ƒ(0) and se
quences {an} of positive numbers is the following true : 

* See Transactions of this Society, loc. cit., p. 359. 
t Presented to the Society, April 11, 1936. 
| See M. S. Robertson, On the coefficients of a typically-real function, this 

Bulletin, vol. 41 (1935), p. 569. 
§ See Transactions of this Society, vol. 13 (1912), pp. 445-468. 


