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analytic in (xo, %o, %) and r; and 7 are not both zero there.
These solutions of (3) are, then, analytic except perhaps in
points of singularity of ¢;, ¢; and in points for whichr, = r, = 0.
But they are identical with certain solutions of the equations
(2), solved for 9ki/dy, dkz/dy,—solutions which are analytic
except perhaps in points of singularity of ¢;, ¢z and in points
for which ¢s = ¢, = 0. Evidently, then, these solutions ki, &,
and hence the vectors v; = kici + kecs, v2 = kocy — kics, are
analytic except perhaps in points of singularity of ¢;, ¢; and in
points in which both ¢, and ¢, are indeterminate, that is, have
all three components zero. Thus we have the theorem:

If the gradients ci, ¢, of the functions F1, Fo in F = Fy + 1F,,
where Fy = Fy|[L]|, Fo = Fy| [L]| are functions of the first
degree of the space curve L, are in general analytic, the gradients
Y1, Yo Of B1, @y in = By + 1Dy, an arbitrary complex function
of L of the first degree isogenous to F, are analytic save perhaps
in points of stngularity of ¢y or ¢z and points in which both
these vectors are indeterminate.

The theorem still holds when the vectors ¢, ¢ are pro-
portional. In this case k; and k; are both solutions of the
equation

ok ok ok .
piax'i_ qiay-}‘riaz—'oy (7'—1:2))
to which both of the equations (3) reduce in form, and v; and
vs are both proportional to ¢; and c;.
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WE shall derive by means of elementary considerations the
equation of the probability curve from the sequence of binomial
coefficients. If the asymptotic form of ! be obtained, the
problem is very simple but none the less merits attention.
The asymptotic form of n!, viz., V2rn(n/e)"e® /2™ 0 < § < 1,
might of course be taken for granted, but so far as is known



