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1. Let X be a positive random variable such that the asymptotic
inequality
(c1—e))'2n+1) <E[X*"] <(d(1+¢))['(2n+1)?

(n: integer)
holds for all ¢, 0<e<1, where 0<c<d<+oo and 0<p<1l. Then
L. Davies [1] has proved the following inequalities as a corollary of
his theorem :

Bd?< lim —log P(X >x)/x"/?
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<lim—log P(X>x)/x"?

<BAVE(ry 1),
where 0<7,<1<7,< 4+ co are the two positive roots of f(y)=0,
J@)=pc/D)"*y" | 1-B)—y/A—p+1.

We will extend his result to a class of positive random variables
satisfying some moment conditions which includes his result. For this
aim, we shall define “nearly regularly varying function with index «”
which is first introduced in [2].

2. Let g(x) be a positive measurable function defined on [¢,+ o0),
(¢,>0). We say that o(x) is a “nearly regularly varying function with
index «” if and only if there exist two positive constants r,>7, and a
slowly varying function s(x) such that

rxts(x) < a(x) <rx*s(x).
In particular, we say that () is a “nearly slowly varying function” if
a=0.

Asiswell known (for example see [3]) s(x) is represented as follows:

s(2) =Db(@) exp I at) £,

where a(x) and b(x) are measurable functions such that
lim b(x)=b>0 and lim a(x)=0.
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3. Theorem 1. Let X be a positive random variable. Assume
that there exist two positive constants ¢, and h, and also a non-decreas-
ing nearly regularly varying function o(x) with index «. 0<a<l,
defined on [1/h, + o) such that



