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§1. Introduction. A semigroup S is called inversive if it satis-

fies the following
(1) S has an idempotent, and the totality I of idempotents

©) of S is a subband of S.

(2) For any element 2 of S, there exists an element z*
such that zx*=x*x and xax*x=x.

In this case, for any element x of S there exists one and only
one element y such that xy=wyx, ryxr=« and yry=y. Such a ¥ is
called the relative inverse of x, and denoted by z~'. Now, let S(e)
={x:xx '=e} for each element e of I. Then, it is easy to see that
each S(e) is a subgroup of S and S is the class sum of all S(e) (A. H.
Clifford [1] has shown that a semigroup satisfying the condition (1)
of (C), which is called a semigroup admitting relative imverses, is
the class sum of subgroups). Therefore, inversive semigroups are not
too far away from groups. Actually, as a special case, the author
has proved in [4] that if I is a rectangular band then all S(e) are
isomorphic to each other and S is isomorphic to the direct product of
an S(¢) and I. An inversive semigroup in which the totality of idem-
potents is a rectangular subband is called an (R)-inversive semigroup.

Now, it is clear that any (R)-inversive semigroup satisfies the
following

(C.1) If ax '=e and if f is an idempotent such that f=<e (i.e.

fe=ef=f), then fu=uf.
However, an inversive semigroup satisfying the condition (C. 1) is not
necessarily (R)-inversive. By a strictly inversive semigroup, we shall
mean an inversive semigroup satisfying the condition (C.1). The
main purpose of this paper is to present a structure theorem for
strictly inversive semigroups, and some relevant matters. The proofs
are omitted and will be given in detail elsewhere.”

§2. The structure of strictly inversive semigroups. Let G be a
semigroup. If there exist a band £ and a collection {G.:acQ} of
subsemigroups of type ¥ such that

(i) G=Ula:acp},
(i) G,NG,=¢ for g7
and (ili) G,G,CGy,.

1) This is an abstract of the paper which will appear elsewhere.



