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1. Introduction. Let us consider the SchrSdinger operator defined
in R

(1.1) L- .1 3 bj(x) +q(x)

_/+2i,bj 3__+i Ob +c(x),x
where b(x) and q(x) are real-valued. Our purpose is to show that, under
certain conditions on b and q, the point spectrum of the operator L
is finite.

Let us assume"
const(C) b(x)(R), c(x)(Co), [c(x)][xl.+const, 0.

Under this assumption, it is easy to see
Lemma 1.1. The operator L has a unique self-adjoint exten-

sion A, and (A)--, moreover we have
u(x) u

for any eigenfunction (2--A)u=0 for , A being arbitrary posi-
tive number.

In section 2, we require more stringent condition:

b(C) b(x)(R); b(x), [x](x) are bounded; c(x)(Co);

hen, under the assumptions (e) and (e), we have
emma 1.2. et () be a otio of A--2, eal. We

have ()boo(o). Moreover, i eihboehoog of the ofii,
e have

eonst eonstI ( )l eonst,

2. Upper boundedness of the eigenalues.
Theorem 1. Uge the amtio (C), (C), thee eit 2,>0

1) In this note, we used the notations of L. Schwartz in his treatise (Thorie des
Distributions). Let us explain these briefly: f(x)n, if f(x) has continuous bounded
derivatives up to order m. f(x) ,m(.Q), if f is merely continuously differentiable in
up to order m. L is the space of all functions such that DfL2(Rn),
]]f- Df. () is the space of all functions such that Df(x)eL(),

II<, with the norm" ]]Df[lo). fC(loc)(), if f,(), for all

(x) ().


