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(Comm. by T. TAKAGI, M.I.A., Nov. 13, 1944.)

1. Introduction and the theorems. The purpose of the present
note is to give the following representation theorems of complex-valued
bounded continuous functions f(t) on (-c, co). The theorems may be
applied in Fourier analysis as well as in probability theory. Since the
proofs are carried through by virtue of the Plancherel’s duality
theorem, our results may be extended to the case of separable, locally
compact abelian groups instead of the infinite line (-co, c).

Theorem 1. f(t) is positive definite if and only if

(1) n o
n

(n=l, 2, ...),

and if (1) is satisfied, we have the representationS>

[ f(t)= _,edv(,) with a monotone increasing, right-eon-

tinuous bounded function v(,).

Theorem . f(t) is positive definite if and nly if f(t) is expres-
sible as

[ f (t) lim I g,(t+Dg,()d uniformly in every finite inter-

val of t, where

(4) sup [oo g(t) 12dt <: f(0).
n>l J-

Theorem 3. f(O is representable in the form:

(g) { f(t)= _ddv().) with a eomplex-valued right-eontinuous

function v() of bounded variation,

if and only if
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