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1. Introduction. This paper aims at studying several functorial
properties of second analytic wave front sets of hyperfunctions or micro-
functions. As an application we show that two notions of second microlocal
singularities, second singular spectrum introduced by M. Kashiwara and
second analytic wave front sets due to J. Sjéstrand, are equivalent. To
this aim we utilize the partial Radon transformation. We follow the nota-
tion prepared in Okada-Tose [11].

2. Second singular spectrum. Let M be, as in §2 of [11], an open
subset in R?, and X be a complex neighborhood of M in C?. We take coor-
dinates of TEX(~+ —1T*M) [resp. T*M] as (x; v —1&-dx) [resp. (x; &-dx)]
withé=(,, - --,&,). Weidentify v —1T*M with T*M by the correspondence
2.1) (x; vV —1&-dx)«—>(x; &-da).

T*X is endowed with the sheaf C, of microfunctions, which enjoys an exact
sequence

0 ‘uZlM ‘-@M ‘ﬁM*(CM IT*,;,X\M)—"“)O-
Here 1, denotes the sheaf of real analytic functions on M, &, that of
hyperfunctions, and #, the restriction to T#X (=T#X\M) of the natural
projection r,, : TEX—M. Moreover there exists a canonical sheaf morphism
Spu: w5 By—>Cx (y: TEX—M),
by which we set for ue B,
SS (w) : =supp (Spy(w).
Then SS (u) is called the singular spectrum of « (refer to [13]). We remark
that for u ¢ $B,, we have
SS (u)=WF, (u)
through the correspondence (2.1). This is a classical fact dating back to
J.M. Bony [2], K. Kataoka [7]. Refer also to J. Sjostrand [12].
Now let V denote an involutive submanifold in T3X :
V={@;vV—1&-dx); &= - =§,=0}
We set
N={zeX;Imz’=0}, V=TiX\N.
We take coordinates of V as (2/, «”; v —1&”.da"), and we have in T*X the
injection
V=TXNTtX=>V.



