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Introduction. In relation to the regular singularities in the
theory of linear partial differential equations, J.-P. Ramis [6] and Z.
Mebkhout [4] proposed three equivalent conditions of "GAGA" type
or holonomic systems of linear differential equations. The purpose
of this note is to show how these conditions are related to each other
in the framework o duality between holonomic systems of differential
equations and their solution sheaves as is developed in a recent work
of M. Kashiwara and T. Kawai [2].
Let X be a complex manifold with structure sheaf Oz. We denote
by _q)x (resp. by _q)) the Ring of linear partial differential operators
o finite order (resp. of infinite order) with holomorphic coefficients.
Let M be a bounded complex of (left) x-Modules with holonomic
cohomology and let Y be a closed analytic subset of X. We will give
a simple proof of the equivalence of the following three conditions"
( i ) The natural morphism
> RHomg(M,
x" RHomg)(M, ()
is an isomorphism, where "xtr is the funetor i.i i being the inclusion
>X, and "x?r is the formal completion along Y.
mapping Y
(ii) The natural morphism

-,

"

RHom(x, RFcr(M))

;

RFr(RHomg)((x, M))

is an isomorphism, where RFcr(M) is the algebraic local eohomology
of M with supports in Y. (See Kashiwara [1].)
(iii) The natural morphism
-q)Tc (R)RFr(M)
> RFr(_q)? (R)M)

’"

is an isomorphism.
In 1, we recall some fundamental results concerning the duality
or holonomie _q)x-Modules rom Kashiwara and Kawai [2]. We also
review, in 2, the algebraic local eohomology of .q)x-Modules and an
adjunction formul due to J.-P. Ramis. In the final section, we
establish the theorem of equivalence described above, using the results
recalled in the preceding sections.
In this note, "holonomic" will mean "coherent holonomic".
1. Duality for holonomic _q)x-Modules. Let M be a bounded

