Unordered Baire-like vector-valued
function spaces.
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Abstract

In this paper we show that if I is an index set and X; a normed space for
each i € I, then the £,-direct sum (i1 X;)p, 1 < p < 00, is UBL (unordered
Baire-like) if and only if X;,7 € I, is UBL. If X is a normed UBL space and
(Q, %, 1) is a finite measure space we also investigate the UBL property of the
Lebesgue-Bochner spaces Ly(p, X), with 1 < p < oo.

In what follows (€2, X, ) will be a finite measure space and X a normed space.
As usual, L,(p1, X),1 < p < 0o, will denote the linear space over the field K of the
real or complex numbers of all X-valued p-measurable p-Bochner integrable (classes
of) functions defined on 2, provided with the norm

11 = { [ Il dnte )

When A € ¥, x4 will denote the indicator function of the set A.
On the other hand, if {X;,i € I} is a family of normed spaces, we denote by
(Bic1Xi)p, with 1 < p < 00, the £,-direct sum of the spaces X;, that is to say :

(D Xi)p = {x=(z:) € [I{X;.5 € I} : (lzill) € 6}

icl
provided with the norm [|(z;)[| = [[(lz:])]l,- If p = o0, then
(B Xi)oo = {x = (2;) € loo ((X;)) : card (supp x) < No}
icl
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