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ASYMPTOTIC BEHAVIOR OF CERTAIN SMALL

SUBHARMONIC FUNCTIONS IN {Re z>0}

BY HIDEHARU UEDA

1. Notation.

Let C be the complex plane. If u{z) is subharmonic in a region ΩdC, we
put

M(r, u)=supu{z).
\z\=r
z<ΞΩ

Let dΩ be the boundary of Ω. If ζed42 and u(z) is subharmonic in Ω, we define

M(ζ)=lim suρu(z).

2. Statement of Theorem.

In our previous paper [4], the following result is proved.

THEOREM A. Let u{z) be subharmonic in {Rez>0}. // u{z) satisfies the
conditions

(2.1) w(0)<co

and

(2.2) u{iy)^M+{\y\, u) — π2σ {—<^<y<-^coy yΦO; σ: a positive constant),

then either u(z)^—π2σ in {Rez>0} or

M(r, w)—4(j(logr)2

(2.3) hm
log r

It seems to be interesting to investigate the asymptotic behavior of the
subharmonic functions in {Rez>0} satisfying the conditions (2.1), (2.2) and (2.3)
with a finite number a. In this note we prove

THEOREM. Suppose that u{z) is subharmonic in {Rez>0} and satisfies (2.1),
(2.2) and (2.3) {where a is finite) with a suitable positive number σ. Suppose fur-
ther that for any r > 0 there exists zr such that
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