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0. Introduction. In an x#-dimensional affine space A,, when geodesics
are represented by z— 2 homogeneous linear equations with respect to
coordinates and another equation for a suitable coordinate system, B.
Kagan® called A, a subprojective space.

The 2 —2 homogeneous linear equations represent a two-dimensional
surface and may be written in the form
0. 1) what = alxn-t 4 Bl (h=1,2,--..—2),
where a" and 3" are constants. Consequently, in the subprojective space,
geodesics lie on two-dimensional surfaces whose equations are given by
the form (0.1) for a suitable coordinate system. From (0.1) we find that
the affine connection 1%, takes the form
0.2) I = 2,8 + P.8) + ¢ ,x
where ¥, and ¥, are any covariant vector and |symmetric tensor res-
pectively. ‘

Conversely, if the affine connection is given by (0.2) for a suitable
coordinate system, we can conclude that A, is a subprojective space.

P. Rachevsky® proved that, when %, is a gradient vector, affine connec-
tion (0.2) is reducible to the form

I, = uext
by a transformation of coordinates
= evxh,
99
oxm "

However, in a subprojective Riemannian space, since it is concluded
from (0.2) that ®, is a gradient vector, Christoffel symbols of the second
kind may be written as

0.3) { o} = s
with respect to the canonical coordinate system.
From (0.3) P. Rachevsky introduced relations, as a necessary and
sufficient condition that a Riemannian space be subprojective,
(A Rywo = ot + Tuwttvo — Tavtro — Tpolrv,
0.4) (A Yo — Thwyy =0,
(B) Tw = PYpy Tt Puov,

where @, = The coordinate system x* is called the canonical system.

where

0.5 T = 1
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