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1. Introduction. In the present note let f{z) be a measurable function
satisfying the conditions ;

@D A+ =£0, [ At = 0 and [ Pde = 1.

In [2] M. Kac noticed that if f(z) is a function of Lip @ or of bounded varia-
tion, then it is seen that
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where {7} is a sequence of integers such that

(1- 3) lim nlc+l/nk = 4
koo
and {a,} is any sequence of real numbers satisfying the following conditions
N
(1.4) Ay =>ai—> + oo and Jmax [aki = o(Ay), as N— + oo,
k=1

Also in [4] G. Morgenthaler proved that if f{#) is bounded and {a} satisfies
(1. 4), then there exists a sequence {f{(#n,¢)} independent of {a,} and (1.2) holds.
On the other hand P.Erdos [2] showed that if f{(¢) = cos 2 7t + cos 4 =,

then we have
1 1 w/2|cosmx| .
== f dx f e dy.
*\/ ™ 0 —co

From above facts we see that if (1.2) holds, the properties of #;,,/n, and
the smoothness of f(¢) become subjects of considerations (cf.[3]). The purpose of
this note is to prove the following

[t Ay 2A@ = Do) <a
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THEOREM. Let {m} and {a.} satisfy (1.3) and (1.4) respectively and
for some & > 0,

s [[ - S = (o) as n—> + oo,



