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1. Introduction. An ^-dimensional space of constant curvature (k Φ
0) is characterized as a harmonic Riemannian space with characteristic
function

f(Ω) = 1 + (n - l)V2kΩcotV2kΩ

where Ω = s2/2 and s means the geodesic distance. A. Lichnerowicz has
obtained the following

THEOREM A. ([3], [10]) In any harmonic Riemannian space Hn

with positive definite metric, its characteristic function f(Ω) satisfies
the inequality

(1.1) /2(0) + \{n - l)/(0) 5Ξ 0 .

The equality sign is valid if and only if Hn is of constant curvature.

Recently, S. Tachibana [7] has showed that a 2m-dimensional space
of constant holomorphic curvature (k Φ 0) is characterized as a harmonic
Kahlerian space with characteristic function given by

(1.2) f{Ω) = 1 + (2m - ΐ)(ls) cot (Is) - (Is) tan (Is) ,

or

(1.2)' f(Ω) = 1 + (2m - l)(ls) coth (Is) + (Is) tanh (Is)

according to I = vlc/2, or I = V—k/2. He also has obtained

THEOREM B. In any n(=2m)-dimensional harmonic Kahlerian space
Hn, its characteristic function f(Ω) satisfies the inequality

(1.3) /2(0) + 5 ( m + 1 ) /(0) ^ 0 .
m + 7

The equality sign is valid if and only if Hn is of constant holomorphic
curvature.

In §2, we give some preliminaries. In §3, /(0) is calculated in terms


