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ABSTRACT. An elementary approach is given to prove
Blumenthal’s theorem describing the support of measures as-
sociated with orthogonal polynomials on the real line in case
the recurrence coefficients associated with these polynomi-
als tend to finite limits. Then the known approach using
H. Weyl’s theorem on compact perturbations of self-adjoint
operators to Blumenthal’s theorem is presented. Finally, us-
ing Weyl’s theorem, Geronimus’s result on the support is dis-
cussed when the recurrence coefficients with subscripts hav-
ing the same residue (modk) have finite limits. Instead of
the usual approach of using continued fractions, the Hardy
class H? is used to determine the spectrum of the self-adjoint
operator arising in the study of this support.

1. Introduction. In what follows, the word measure will always
refer to a positive Borel measure on the real line such that its support
is an infinite set and all its moments are finite. Here the support of a
measure « is the smallest closed set whose complement has a-measure
zero and is denoted by supp (a), and the n-th moment of « is defined
as

/ z" da(z), n > 0.
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