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Let B denote the class of bounded functions w(z) = w,z + wyz* + -~
regular in the unit disc U for which |w(z)] < 1. If g(z) € B, then by using the
Schwarz lemma we can show that the function w(z) defined by w(z) =
z7 Y2 [z g(t)t ™1/ dt is also in B. Writing this result in terms of derivatives we
have

) BwiE) + zw'@)| < 1,ze U= |wz)| < 1,ze U.

All of the inequalities considered in this paper hold uniformly in the unit disc
U, and in what follows we will omit the condition z € U. Furthermore, if we
let h(u, v) = tu + v we can write (1) as

@ lh(w(2), zw'(2))] < 1 = [w(z)] < L.

In this note we will show that (2) holds for functions A(u, v) satisfying the
following definition.

DeriNITION 1. Let H be the set of complex functions A(u, v) satisfying:

(1) A(u, v) is continuous in a domain D of C x C,
(ii)) (0,0) e D and |40, 0)| < 1,
(iii) |h(e®, ke®)| > 1 when (', ke®y € D, 0 is real and k > 1.

Examples. 1t is easy to check that each of the following functions is in H:
hy(u, v) = ou + v where a is complex with Re « > 0,
and D =C x C,
hyu,v) =u* +u+v and D =C x C,
hyw,v) = 3(ul + o] + 1) and D =C x C,
hy(u,v) =2v/(1 —u) and D =[C — {1}] x C,
hs(u, v) = ue!! and D = C x C,
he(u, v) = u™" where m and » are non-negative integers,
and D =C x C.
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