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1. In the present note, we shall prove some theorems concerning the local
connectivity of some mapping spaces. As a global property, it is well known that
the mapping space from an m-sphere into an /-connected space (1 _> m), is
(1 m)-connected. We shall prove in 2 correspondingly, that the mapping
space with the compact-open topology, from an m-dimensional finite poly-
hedron into a locally /-connected space, is local’ly (1 m)-connected. In 3,
the similar results for its subspaces, vhose elements map some subpolyhedra
into corresponding subspaces, are discussed.

2. A space X is said to be locally 1-connected provided for every point x of X
and for every neighborhood U of x in X, there exists an/-connected neighbor-
hood V of x contained in U; namely V satisfies the conditions

()

where the vanishing of to(V) means that V is arcwise connected. We shall
also allow to be

Let XY be a space whose points are continuous mappings from a space Y
into a Hausdorff space X, and whose topology is compact-open [1; Chap. X, 19];
that is, the open sets of XY are the sets which are generated by the set of the form
(C, U), where C(C Y) isa compact set, and U(C X) isan open set, and f (C, U)
means that f(C) is contained in U. We shall cite here the following lemma:

LEMMA. If A, B are locally compact, then the space (XB)A is homeomorphic
with XA and the correspondence

: (X) X

is given as follows:

q(f)(a, b) (f(a))(b), f (X)", a A, b B.

The proof is found in [1; Chap. X, 21].
The fundamental result of this paragraph is the following’

THEOREM 1. If P is an m-dimensional finite polyhedron and X is locally
1-connected (1 >_ m), then XP is locally (1 m)-connected.

Proof. For every neighborhood W of f of XP, there exists an open set
(C1 U1) f’ (C U) of f in W, where the C (C P) are compact and
the U (C X) are open [1; Chap. I, 11].
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