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1. Introduction. A set of polynomials po(z), pl(z), p.(z), is said to
be basic, if any arbitrary polynomial can be expressed in one and only one way
as a finite linear combination of them.

Let
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where

(1.3)

z"-- ’.oPo(Z) + ’.lp(z) + "’,

.(R) ’.o Mo(R) + ,, M(R) +

M.(R) max p.(z) I,

(1.4) a, lim (log o.(R))/n log n;

o is said to be the order of the basic set of polynomials {p.(z) }.
If f(z) is a function regular at z 0, then the series

(1.5)

where

po(z)IIof(O) + p(z)IIf(O) + ...,

f’(O) f’II.f(0) o.f(0) + ’ln 1i + ’2n =-2!- +
and p,,(z) p.o + p.z + p,,2z + is called the basic series associated
with the given basic set of polynomials.

Also, the matrix

P =- (p,i) (i, j O, 1,...)

is said to be the matrix of coefficients, and the matrix

II (,i) (i, j 0, 1,-.-)

is the matrix of operators.
Whittaker [3] proved the following results:

(a) The necessary and sufficient condition for a set of polynomials to be basic
is (PII) 1. ((PII) is the product of the two mitrices (P) and (II) in the
usual way.)
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