FUNCTIONS OF INTEGRABLE SQUARE IN SEVERAL COMPLEX
VARIABLES

By S. BocHNER

As in two previous notes' we consider in the space C; of k complex variables

z=(zli""zk); zK:xk""iyK’
point sets of a special nature which we call tubes. A point set T of C; is a tube,
if there exists a point set S in the space R; of real variables ¢ = (21, - -, Zx)

such that 7 consists of all k-dimensional planes
(1) $x=$2 (—oo <y < oo;;c=1’...’k)
for which (23, - -, #2) is any point of S. The set Sis called the basis of T,
and we also denote T more explicitly by T's. The tube T's is open or closed in
Ciif and only if S is open or closed in Ry ; it is convex if and only if S is convex,
and the convex hull’ T of a tube T is again a tube whose basis S is the convex
hull of 8.

We say that a function f(2) = f(z1, - - - , 2&) is of integrable square in T if the
function

L(y) = f@r + dy, -+, 2 + 2yn)

belongs to the Lebesgue class L, over the y-space, for every x C S, and if more-
over there exists a constant K such that

@ [ [ir@rasx

for allz C S, the symbol dv, denoting the Euclidean volume element dy; - - - dyy .
In our first note we proved the following theorem. If f(2) is analytic and of
integrable square in an open tube 7', then it also exists and is of integrable square
in T. 1In the present paper we shall extend this theorem to the case of tubes
which are not necessarily open.
AssumpTiONS. (1) The basis S s such that any two points P, @ of S have a
finite Buclidean distance D(P, Q) on S in the following sense. Corresponding to
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2 This is the smallest convex set containing 7'; it is not necessarily closed.

635



