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ticular, if cov {yx — ¢, ¢} < 0, a value of A\ > 0 will provide lesser variance
than for A = 0.
From the result it is easy to show that:

(D) If F(q) s subexponential to the right, then no single order statistic, ex-
cept possibly the righthandmost, is of minimum variance among orderly
estimates of location.

(Again, the analogs with “to the left ... the lefthandmost” or “in both direc-
tions . .. statistic,” follow by symmetry.) For if y; were of minimum variance,
and y, the righthandmost, then by

(By1) cov (yn — ¥i, ¥;5) = cov (¢=— @5, q;) <O,

and by (C) y; is not of minimum variance. It is reasonable to anticipate that,
actually, all coefficients must be positive (particularly for distributions with
monotone scores), but the elementary methods used here do not seem to show
this easily.
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AN ELEMENTARY THEOREM CONCERNING STATIONARY
ERGODIC PROCESSES

By Leo BremaN-
University of California, Berkeley

1. Introduction. The purpose of this note is to state and prove a theorem
concerning strictly stationary, ergodic processes and to give some of its applica-
tions. Although the theorem itself is a simple consequence of the ergodic theorem,
its applications include a proof of the consistency of the maximum likelihood
estimates for stationary distributions and'an extension of the zero-one law for
symmetric sets given by Hewitt and Savage [1].

TuEOREM 1. Let -+ 2y, Zo, 1, - - - be a strictly stationary process such that
every set invariant under shifis has measure zero or one. Let {¢.} be a sequence of
real-valued functions, ¢, being a measurable function of n + 1 variables. Then <f
the sequence ¢n(xo, - -+, Tn) and the sequence ¢u(T_n, -+ -, Zo) both converge in
probability, their limits are almost surely constant and equal.
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