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L e t  H ~ denote  the  usua l '  H a r d y  class of funct ions  holomorphic  in  the  un i t  disk, U. 

Le t  M denote  a closed, i nva r i an t  subspace  of H 2. The t heo ry  of such subspaces  is wel l -known 

a n d  m a y  be found,  for example ,  in the  first  th ree  chap te rs  of Hof fman ' s  book  [6]; eve ry  

such M has  the  form M=q~H 2, where ~ EH 2 is an  inner funct ion,  ~ = BsA with  

e + A(z) 

where  {a,} is a Blaschke  sequence (E(1 - [ a , ] )  < ~ )  (gv/]a~] ~ 1 is unde r s tood  whenever  

a ,  =0 ) ,  a is a finite,  posi t ive,  cont inuous,  s ingular  measure ,  a n d  r~ >~0, ~ r v < ~ .  

I n  th is  pape r  we s t u d y  the  subspace  M ~ = H ~ ~ M.  Our  resul ts  m a y  be summar ized  as 

follows: we ob ta in  a u n i t a r y  ope ra to r  V which maps  the  sum of th ree  L ~ spaces onto  M • 

The  first ,  corresponding to  the  fac tor  B of % is the  space L~(d~s), where  ~B is the  measure  

on the  posi t ive  in tegers  t h a t  assigns a mass  1 - ] a k I to the  in teger  k. The  second L ~ space is 

L2(d~), and  the  t h i rd  is the  sum of the  L 2 spaces of Lebesgue measure  on the  real  in te rva l s  

of l ength  rj. 

I n  the  special  case q~=B, the  funct ions  h~(z)=(1-]a~]~)~B~(z)/(1-(t~z) (B~ the  

Blaschke  p roduc t  wi th  zeros a 1 . . . . .  a~_l)  form an  o r thonorma l  basis  of M• cf. [10, p. 

305], [1]. F r o m  this  fact  i t  follows easi ly t h a t  the  m a p  

V({cn}) ( z )=  ~ c , (1  + ]anJ)�89 -5,~z) -a (1 - ] a ~ ] )  (0.1) 
r~=l  

carries L~(das) i somet r ica l ly  onto  M z, and  this  represents  one ins tance  of our  theorem.  
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