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I n t r o d u c t i o n  

I .  T h e  m a i n  t h e o r e m .  A closed convex curve in the plane E2 is usua l ly  defined 

as the bounda ry  of a compact  convex set. 1 Al ternat ively ,  if the curve is given in 

parametr ic  form we could say tha t  the curve is convex provide(1 it  never  crosses a 

s t ra ight  line more t han  twice. The second defini t ion has the advan tage  of ex tending  

in a na tu ra l  way to closed curves in an even-dimensional  space Ezn as follows: 

Let 

( l)  C: x~=x t ( t ) ,  ( i = l  . . . . .  2 n ;  0 ~  t:5 2~) ,  

where xt(t)  are con t inuous  funct ions  of period 2 z ,  be a close(I curve in E 2 , .  We 

shall say tha t  C is convex in E.z~ provided tha t  it never crosses a hypcrplane more 

than  2 n  times. If C is convex in E,,~ and  spans  the space E.,~, i.e. is not  conta ined 

in a lower-dimensional  flat space, then we shall say tha t  ( '  is convex on E . , , .  I t  

A s  a l l  will be shown below (Article 5) tha t  curves convex in E.,n are rectifiable. 

example of a curve convex on E.,= we ment ion  the curve 

(2) Co: 

Indeed,  C o is 

subs t i tu t e  the x~ 

1 
x l = e o s t ,  x3= � 8 9  ~ =  c o s n t ,  

n 

1 . 
x 2 -- sin t, x 4 = �89 sin 2 t . . . . .  x., n = - sin n (, (0 ~ l ~< 2 ~) .  

n 'o 

convex in E2, ,  for if l ( x  z . . . . .  x.zn) is any  l inear funct ion  and if we 

as defined by (2), we find tha t  l = T n ( t )  is a real t r igonometr ic  
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