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w i. Introduction.  

The most  useful  conformal  invar iants  are obtained by solving conformMly 

invar ian t  ex t remal  problems. The i r  usefulness derives f rom the  fac t  tha t  they 

must  automat ical ly  satisfy a principle of majorizat ion.  There  is a r ich variety 

of such problems, and if we would aim at completeness this paper  would assume 

forbidding proport ions.  We shall therefore  l imit  ourselves to a few part icular ly 

simple i n v a r i a n t s  and study thei r  propert ies  and in ter re la t ions  in considerable 

detail. 

Each class of invar ian ts  is connected wi th  a category of null-sets, which by 

this very fac t  en ter  na tura l ly  in funct ion- theoret ic  considerat ions.  A null-set is 

the complement  of a region for  which a cer ta in  conformal  invar iant  degenerates.  

Inequal i t ies  between invar iants  lead to inclusion relat ions between the  corre- 

sponding classes of null-sets. 

Th roughou t  this paper  Y2 will denote  an open region in the extended z 

plane, and Zo will be a dis t inguished point  in t~. Most  results will be formula ted  

for the case z 0 ~ c~, but  the t rans i t ion to z o = c~ is always trivial. In  some 

instances the  la t te r  case offers formal  advantages.  

We shall consider classes of funct ions  f(z) which are analyt ic  and single- 

valued in some region t). F o r  a general  class ~ the region t~ is al lowed to 

vary with f ,  but  the subclass of funct ions  in a fixed region t~ will be denoted  

by ~(t2). For  ZoE ~ we in t roduce  the quant i ty  

6)= sup If'(zo)l. 


