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1. W e  consider  ana ly t ic  mapp ings  of an  open R i e m a n n  surface R in to  a closed 

R i e m a n n  surface S. 

The  f irst  and  second ma in  theorems  of the  classical N e va n l i nna -A h l fo r s  [3] t h e o r y  

were genera l ized  in 1960 b y  S. Chern [4] to  an  R ob ta ined  f rom a closed surface b y  

omi t t ing  a f ini te  number  of points .  He  also referred to a for thcoming p a p e r  where,  

in addi t ion ,  a f ini te  n u m b e r  of disks a re  removed.  

Chern 's  e legant  work s t imu la t ed  the  p resen t  au tho r  to  look in to  the  quest ion:  w h a t  

can be sa id  abou t  a r b i t r a r y  open R i e m a n n  surfaces R? I n  par t i cu la r ,  can N e va n l i nna ' s  

f i rs t  and  second ma in  theorems  a n d  any  coun te rpa r t  of P i ca rd ' s  g rea t  theorem be 

es tab l i shed  on them? A pr ior i  there  seemed to be no basis  for a conjecture :  i t  was 

known  from classif icat ion t heo ry  t h a t  when the  genus becomes infini te ,  in tu i t ion  can 

no longer  be re l ied upon,  and  surprises a re  possible.  Moreover,  a l though  J .  T a m u r a  

[12] had  singled ou t  a class of meromorph ic  funct ions  wi th  a t  mos t  two P ica rd  values,  

M. Heins  [5] had  exh ib i t ed  a parabo l ic  R i e m a n n  surface wi th  one b o u n d a r y  compo- 

nent ,  which carr ied  a meromorph ic  funct ion  wi th  an  inf ini te  n u m b e r  of P ica rd  values.  

This r a the r  seemed to speak  aga ins t  a n y  second ma in  theorem in t he  genera l  case. 

I n  t he  presen t  pape r  we propose  a new choice for t he  p r o x i m i t y  funct ion  a n d  

the  charac ter i s t ic  funct ion.  The  f irst  ma in  theorem,  the  second ma in  theorem,  and  

the  defect  and  rami f ica t ion  re la t ions  can then  be given for a r b i t r a r y  R i e m a n n  surfaces 
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