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Introduction 

Let F be a Fuchsian group (I make no distinction here between Fuchsian 
and Frechsoid groups) acting on U =  {zEC, Izl<l} such that every point of  OU 
is a limit point of  F (i.e. F is of  the first kind. The problem that will be examined 
does not arise for groups of  the second kind). We say that F is of  convergent 
type if: 

Z~er(1--[70[) < + 

otherwise we say that it is of  divergent type. 

A group is of  convergent type if and only if the conesponding Riemann surface 
is hyperbolic. It follows therefore that if  F0 is as above and is finitely generated 
then it is of  divergent type. Indeed the Riemann surface U]Fo can then be identified 
with R \ { r l ,  r2 . . . . .  rk} (for finitely many distinct rl, r2 . . . . .  rkE R) and R 
a compact surface cf. [11], [2]. 

In this papeI I shall consider a subgroup F c F  o where F 0 is finitely generated 
as above and I shall give a necessary and sufficient condition for F to be of con- 
vergent type. To state the theorem I shall need some algebraic preliminaries. 

Let G be a discrete group generated by a finite number of  generators 
gl, g2 . . . . .  gm~G. Let H c G  be a subgroup and let us fix ~1 . . . . .  ~k~G finitely 
many elements of  G. 

Let us also define Po,/tl  . . . . .  pkCP(G) k + l  probability measures on G that 
are symmetric (i.e. pj({x})=#j({x-~}) )  and which in addition satisfy: 

(i) supp P0 is finite, 
(ii) p0(gj)>0 j = l ,  2 . . . . .  m, 
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